Finally, the questions of the existance of a TFM radical and the determination of the unique maximal TFM ideal of a ring are discussed.
In matters of abelian group theory our definitions and notations are consistent with [4] Proof. Let A be TFM. Assume (x + N) is a nonzero element of A/N of finite order. Then x $ N, but kxe N for some positive integer k. Since x$ N, x£ P for some primitive ideal P. Since kx e N, kx e P. Hence, A/P is not torsion free. But A/P must be torsion free, being a subring of the complete endomorphism ring of some torsion free irreducible module M. Contradiction. Thus, A/N is torsion free. Now let I be any maximal modular right ideal of A. Since A is TFM, A -I is torsion free. Let xeA,x$I.
Let G be the subgroup of A/N generated by the nonzero element (x + N) . Clearly, G Π I/N = {0}-otherwise we have kxe I for some positive integer k. Hence, I/N is not dense in the subgroup lattice of A/N.
Conversely, assume A is a ring which satisfies conditions (1) and (2) is an abelian group injection of A/N into (A -I) φ (A -S). Let yeS,y&I. As (y + N) has infinite order, so does its image (y + J, 0 + S). Hence, y + / is a nonzero element of infinite order in A -I. But A -I is torsion free or p-bounded. Therefore, we must have A -I torsion free. This finishes the proof of the theorem. 
) Here A/N = B[\]/T[\] ~ B/T[X]. B/T is divisible, since Γ3ΣΓ=iθW). Thus A/N is divisible, and A is TFM.

THEOREM 3.4. Let A be any ring. Let D be the maximal divisible subgroup of A. (Note that D is actually an ideal.) Then:
(
1) // A/D is radical, then A is TFM. ( 2 ) If A is TFM, then A/D has no nonzero idempotents. These three conditions are equivalent if A has minimum condition.
Proof. The converse to each implication in Theorem 3.4 is false in general. The ring of even integers in an easy counterexample to the converse of 2; the ring in Example 2.2 is a counterexample to the converse of 1. 4* TFM Radical and Maximal TFM IdeaL Given an arbitrary ring A, we first wish to determine the unique maximal ideal 1 of A such that / is a TFM ring. This is accomplished in the following simple theorem. Proof. Let M be an irreducible P B module. As P B is an ideal in A, M can be regarded as an irreducible A module. (See [2] , p. 51-53.) M must be torsion free, otherwise we have MP B = 0. Hence, P B is TFM. Now if 1 is any ideal in A such that / is a TFM ring, we must have IξΞ:P B -otherwise I^P a for some aeB, and M a , a bounded irreducible module associated with P af would be an irreducible I module. This proves the theorem.
Finally, we consider the question of the existance of a radical for the class of TFM rings. It is clear that a ring A is TFM if and only if A/N is TFM. We pose the the problem as follows: Given an arbitrary non-TFM ring A, find an ideal I oί A containing the radical N such that:
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